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SAAD Adnan, On Groups Having Exactly, ecc. 1 7 9

Algebra. — On Groups Having Exactly 2 Conjugacy Classes of 
M aximal Subgroups. Nota II di S a  a d  A d n a n ,  presentata^ dal 
Socio G. Z a p p a .

R ia s s u n to . — Completando i risultati esposti nella nota I dello stesso titolo ([1]) 
Fautore prova che se il gruppo finito G ha esattamente due classi di coniugazione di sottogrup­
pi massimali, è G =  PQ con P e Q rispettivamente /-sottogruppo di Sylow e y-sottogruppo 
di Sylow ( /  , q primi), P normale in G e Q ciclico. Inoltre Q opera irriducibilmente su P/<I>(P).

In our note [1], we conjectured that a group which has exactly 2 conjugacy 
classes of maximal subgroups should have a very special structure—in parti­
cular, such a group should not be simple. Now, it has come to our attention 
that the proof of this conjecture, requires no more tools than those already 
used in [1]. Thus the aim of this short note is to prove the following theorem.

T h e o r e m . I f  the finite group G has exactly 2 conjugacy classes of inaximal 
subgroups then G — PQ where P and  Q are Sv- and is q-subgroups of G , P <1G 
and Q is cyclic. Further, Q acts irreducibly on P/<j) (P).

Proof. Let G be a minimal counterexample to the theorem. By the re­
mark following lemma 4 [1], it suffices to show that G is not simple. Let M 
and N be non-conjugate maximal subgroups of G. For ^ e G  — M , let 
/G 7 r ( M n M sr) be a prime. By lemma 5 [1 ], / g t c ( M O N ) .  Now choose 
x e G — M such that the S^-subgroup H of M D M* has maximal order. By 
lemma 1 [1], the simplicity of G and the maximality of H, one has N g  (H) ç N ÿ 
for some y  g d . We conclude that | M D M9 | <  | M D N | for all g  e G — M. 
Similarly | N n  N 21 <  | M D N | for all z e  G -— N. It is clear now that either 
I M M 9 I >  IG I or I NN2| >  | G | , which is impossible.
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(*) Nella seduta dell’8 marzo 1980.


