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Problemi diofantei.
Nota di ALrREDO MOESSNER (a Gunzenhausen)

Sunto. - Si danno alcune relazioni numeriche di natura diofantea.

4

1. Se M + P= (), allora si ha
M+ P:+ Q’:%-[(P—M)’+(M+ Q)2+ (P+ Q)r]=2.(M*+ PQ)
M‘+P‘+Q‘:§13~[(P—M)4+(M+ Q¥ +(P+ Q)]=2.(M*+ PQ)
(M*+ P+ @) =2(M*+ P*+ @)

BsemPIo. — Sia M =1, P:b, Q= 6; allora
1
12 4+ 5’+6*:§-[4’+ T+11)=2.(1* 45 6)

=m

1
21‘+54+6‘—— 4+ TP+ 114 =2. (14 5. 6)*
(12 + 5t + 612 = 2(1* -+ b 4 6%) = 622
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I1. Se A"+ B*=C(C"e ABC = D, allora si ha

— AW — B¥ 4 O™ 4 3(2D") = 3D" + (3D" — C*") +
+ (3D" + A%") 4 (BD" + B*)
(— 4)%* + (— B)** +- Co* +- 3(2D")}* =3D* + (3D" — C**)* +
] + (3D* + A% 4- (8D" + B®")®
— A% — B + (% 4~ 3(2D")* = 3D + (3D" — C*")® «+
+ (3D + A®™) 4 (BD"® + B
(— A)'™ 4 (— B)#n 4 Cn 4 3(2D")4 = 3D" + (3D" — C¥)# +
+ (3D + A%t 4 (3D" + B*™)4.
III. Se A?-+ B*=C? per 1I si ha
— AS— BS+ C®+ 3(2D*)=3D%*+ (3D*+ A%+ (3D* + B%)+ (3D* — (9
A2 B+ C?+ 3(2D%)2==3D* + (3D*+ A% +(3D*+ B%)*+ (3D*—C°)?
— A% B+ C¥4-3(2D%)*=3D°+ (3D*+ 4%+ (B3D*+ B%)*+(3D*— C?)®
A* ++ B* 4 C* + 3(2D")*=3D% +(3D*+ A%*+ (3D*+ B%)* + (3D*— C®".
Esempio0. - Sia 4=3, B=4, C=5, D=3.4.5=60; allora si ha
— 3% — 4% 4+ 55+ 3.(2.60%) =3-.60%+ 11529 + 14896 + (— 4825)
812 4 412 4 512 8. (2. 60" = 3. 60¢ + 11529° + 14896* + (— 4825)?
— 318 418 4 BY¥ 4 3.(2.60%)*=3 . 60° + 11529% + 14896° + (— 4825)°
3 4+ 4 + 5"+ 8.(2.60%)! =3 .608 + 115294 4+ 14896* + (— 48254,
IV. Sia 4" + B*"= (" e ABC =D, allora si ha
— A% — B¥ - O3 = D"* + D" + D"
(— A4)* . (— By . C* = D" . D". D"
Eseupro. ~ Sia A=3, B=4, C=5, D=3-4.5=60, n=2,
allora si ha
s — 35 — 4% + 5% =602 + 602 + 60°

| (— 8)%« (— 4)° - 55 = 60* - 602 . 602,
V.Se A2+ B* =%, AB=1U, AC=7V, BC=W, allora si ha

4 4 4

AW =B+ V=0 D= P4 Ve Wem +§ +C
L 4 4\ 2

wH 4V + Ut= (A_'f_g;c)
(W4 + V¢ + U= A%+ B+ C®

A- W= B.V= C.U= ABC
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EseMpP10. -~ Per A=3, B—4, (=5, U=38-4=12, ¥=38.5=15,
W=4.5=20 si ha

24 L] 4

314202 — 4% 4+ 15— 54 — 192 — — 12? 4+ 152+202:‘):¥421_+—5
24 4 R4\ 2

200 150 1= (‘)’—i—i—“’)
2(204 + 154 +124 = 38 4 48 4 B8
3.20= 4.15 = H+12 = 3.4.5=60.



